We construct a Jacobian of dimension three whose theta divisor contains an elliptic curve. We work over an algebraically closed field of characteristic zero.
Proof. Let F = (Fˇ/Z/2Z)ˇand the same with E.
Let L = ψ * E L and N = ψ * F N . Then ϕ L : E → (E )ˇand ϕ N : F → (F )ˇhave degree four. Let H L and H N be their kernels. Then we have theta groups
Lemma 2. We have an inclusion
Let X = E ⊗F /Im K and let R be the quotient of M by (Z/2Z) 2 . Then R gives a principal polarization on X. Let γ be a nonzero section of X. Let θ be the zeroes of γ.
Lemma 3. θ contains some translate of Im E .
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Proof. γ corresponds to a section of M that is invariant under

